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1. The centerless 
BMS4 charge algebra



Infrared structure of gravity

“The Hamiltonian in General Relativity is a surface term. 
Therefore, gravity is holographic.”



Infrared structure of gravity

60’s [ADM ; BMS]80’s 2000’s
2010-2021[Maldacena,Witten]

[Ashtekar,Brown,Bunster,Henneaux] [Barnich-Troessaert  
; Strominger et al]



Boundary conditions -> Global symmetries 

Poincaré 
BMS Supertranslations 
BMS Super-Lorentz  
…

Conformal group SO(d-1,2) 
OR None 
OR -BMS 
…

⇤
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Group SO(d,1) 
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…
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Dirichlet Anti-de Sitter

[Fefferman-Graham 
theorem]

Two holographic fields: the boundary metric         
and the stress-tensor

Fixing the boundary metric to be the flat cylinder,  
there are SO(2,3) symmetries.  

The associated charges are conserved and represent  
the group SO(2,3) under the Peierls bracket
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Gauge fixing :  
Bondi / Newman-Unti coordinates

Essentially equivalent 
to each other  

[Barnich, Lambert, 
2011]

Asymptotically Flat Spacetimes: Null infinity
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Infinite number of holographic fields:  
the boundary metric      , the shear               ,  
mass           and angular momentum aspects             ,  
subleading fields             ,
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I. Supertranslations

The associated Noether charge is the Bondi mass aspect 
m(u,xA) integrated over the celestial sphere 

The 4 lowest harmonics are the translations associated 
with Momenta.  

Supertranslations transitions are associated with 
displacement memory and are caused by any null radiation 
exiting null infinity

II. Super-Lorentz transformations

Associated Noether charge: NA(u,xA) integrated over the celestial 
sphere (after renormalization of radial divergences) 

The 6 lowest harmonics are associated with the Lorentz charges: 
angular momentum and center-of-mass charge (orbital angular 
momentum). 

Lorentz transformations are asymptotic symmetries. Super-
Lorentz transformations are asymptotic symmetries after 
renormalization. 

Superrotations and superboosts
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Generalized BMS4 group
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Junction condition between past 
and future null infinity:  
Antipodal map at spatial infinity

<latexit sha1_base64="1zLqPdIZNpxrqkArfVwMnj4oYhU="></latexit>Z 1

�1
du@uQ

+
T,R(u) =

Z 1

�1
dv@vQ

�
T,R(v)

Scattering around Minkowski obeys

This is the Ward identity of BMS 
symmetry. It is equivalent to the 
leading and subleading soft theorems.
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BMS4 flux asymptotic symmetry algebra

[Campiglia, Peraza, 2020] 
[G.C., Fiorucci, Ruzziconi, 2020]
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{FT1 , FT2} = 0, {FR1 , FT2} = FR1(T2), {FR1 , FR2} = F[R1,R2]

<latexit sha1_base64="9cnEhYuW1Eaxk+lne4P3mAEal7k="></latexit>

R1(T2) ⌘ (RA
1 @A � 1

2
DAR
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1 )T2
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<latexit sha1_base64="W4sf06yJRQVYvQ1r9PqiWtgtb4g="></latexit>

m = m+ f(qAB , CAB , NAB),

NA = NA + fA(qAB , CAB , NAB)

Given a prescription

The BMS4 algebra can be represented under the  
Peierls bracket without central extension

<latexit sha1_base64="aiUVUvJ+vXPoY1JSvHkXv43NDiU="></latexit>

{FT1 , FT2} = 0, {FR1 , FT2} = FR1(T2), {FR1 , FR2} = F[R1,R2]

<latexit sha1_base64="aiUVUvJ+vXPoY1JSvHkXv43NDiU="></latexit>

{FT1 , FT2} = 0, {FR1 , FT2} = FR1(T2), {FR1 , FR2} = F[R1,R2]

and boundary conditions at past/future times.

[B.T.]

Prescription for the experts:

Its quantization leads to the soft graviton theorems.



2. The angular 
momentum in GR



1. Center-of-mass frame 

Three ambiguities to define J

<latexit sha1_base64="YEyX13b7tbpQvm/2ijY73lTZ3eU=">AAACDHicdVDLSgMxFM3UV62vqks3wSK0IMPMVFu7K7pxZ0X7gHYomTRtQzOZIckIZegHuPFX3LhQxK0f4M6/MZ1WsKIHAueecy8393gho1JZ1qeRWlpeWV1Lr2c2Nre2d7K7ew0ZRAKTOg5YIFoekoRRTuqKKkZaoSDI9xhpeqOLqd+8I0LSgN+qcUhcHw047VOMlJa62dzNVd4pwI6MPEkU1FVxsTq2C7rLMisVxyqVYUKc0+KMWI4NbdNKkANz1LrZj04vwJFPuMIMSdm2rVC5MRKKYkYmmU4kSYjwCA1IW1OOfCLdODlmAo+00oP9QOjHFUzUnxMx8qUc+57u9JEayt/eVPzLa0eqf+bGlIeRIhzPFvUjBlUAp8nAHhUEKzbWBGFB9V8hHiKBsNL5ZXQI35fC/0nDMe2S6Vyf5Krn8zjS4AAcgjywQRlUwSWogTrA4B48gmfwYjwYT8ar8TZrTRnzmX2wAOP9CzuwmJg=</latexit>

SO(2) ⇢ SO(3) ⇢ SO(3, 1)

- Pauli-Lubanski spin pseudo-vector
<latexit sha1_base64="Tf6GZlP2XhTFwxjfmnjnOS1NrIQ="></latexit>

Wµ =
1

2
✏µ⌫⇢�J

⌫⇢P�

- Local rotation vector :  

In GR, the 4-momentum evolves according to the 
mass loss formula:

<latexit sha1_base64="WlEcWTIlRJ0x657yYK8Eg3ftB0M="></latexit>

Ṗµ = � c2

8G

I

S
ĊABĊ

ABkµ
<latexit sha1_base64="qmCPvIrb1CJ/XIYKtjbE+oDStqg=">AAAB9HicdVDLSgMxFM34rPVVdekmWIQKMiSltXUhFN24rGAf0I4lk2ba0ExmTDKFUvodblwo4taPceffmD4EFT1w4XDOvdx7jx8Lrg1CH87S8srq2npqI725tb2zm9nbr+soUZTVaCQi1fSJZoJLVjPcCNaMFSOhL1jDH1xN/caQKc0jeWtGMfNC0pM84JQYK3mDu3aYXOTwqezwk04mi9zzEsK4DC0p5wuoNCe4eAaxi2bIggWqncx7uxvRJGTSUEG0bmEUG29MlOFUsEm6nWgWEzogPdayVJKQaW88O3oCj63ShUGkbEkDZ+r3iTEJtR6Fvu0Mienr395U/MtrJSYoe2Mu48QwSeeLgkRAE8FpArDLFaNGjCwhVHF7K6R9ogg1Nqe0DeHrU/g/qeddXHTRTSFbuVzEkQKH4AjkAAYlUAHXoApqgIJ78ACewLMzdB6dF+d13rrkLGYOwA84b5/Sr5F/</latexit>

kµ = (1, ni)



2. Supertranslation frame 

Three ambiguities to define J

<latexit sha1_base64="VH0J1R/11lnIT84KTtFmkBlKKjw="></latexit>

SO(2) ⇢ SO(3) ⇢ SO(3, 1) ⇢ SO(3, 1)o V ect(S2)

- Fix supertranslation frame at 
<latexit sha1_base64="ETSV8Zcc0jCoX7bB1YJYsKJUX5k="></latexit>

r ! 1, u ! �1 (I+
�)

- The displacement memory effect is generally present

<latexit sha1_base64="lw5UBoJld+1wFkMy8CVIc5INlno="></latexit>

CAB |u=±1 = �2DADBC
± + �ABD

C
DCC

± +O(u�1).

- Boundary condition on the shear

<latexit sha1_base64="TOD+XlX1sIQngFkMblKxeQ/7gMI=">AAAB7HicdVBNSwMxEM3Wr1q/qh69BIvgxSW7amsPQrEXjxXcttCuJZumbWg2uyRZoSz9DV48KOLVH+TNf2O6raCiDwYe780wMy+IOVMaoQ8rt7S8srqWXy9sbG5t7xR395oqSiShHol4JNsBVpQzQT3NNKftWFIcBpy2gnF95rfuqVQsErd6ElM/xEPBBoxgbSSvfndyiXrFErKrVReVKzAj7vnpnCDXgY6NMpTAAo1e8b3bj0gSUqEJx0p1HBRrP8VSM8LptNBNFI0xGeMh7RgqcEiVn2bHTuGRUfpwEElTQsNM/T6R4lCpSRiYzhDrkfrtzcS/vE6iBxd+ykScaCrIfNEg4VBHcPY57DNJieYTQzCRzNwKyQhLTLTJp2BC+PoU/k+aru2UbffmrFS7WsSRBwfgEBwDB1RADVyDBvAAAQw8gCfwbAnr0XqxXuetOWsxsw9+wHr7BCOljkQ=</latexit>

C� = 0

<latexit sha1_base64="jlGoo5xdXGKm5BdQSnxe1h2hVok=">AAACBnicdVDJSgNBEO2JW4zbqEcRGoMQQcLMuB8E0YtHBZMImRh6OpWkSc9Cd40QQk5e/BUvHhTx6jd482/sLIKKPih4vFdFVb0gkUKj43xYmYnJqemZ7Gxubn5hccleXinrOFUcSjyWsboOmAYpIiihQAnXiQIWBhIqQeds4FduQWkRR1fYTaAWslYkmoIzNFLdXvcbIJHRsxs/CekxvSr42AZk237SFlt1O+8Uj448Z/+ADom3tzMijudSt+gMkSdjXNTtd78R8zSECLlkWlddJ8FajykUXEI/56caEsY7rAVVQyMWgq71hm/06aZRGrQZK1MR0qH6faLHQq27YWA6Q4Zt/dsbiH951RSbh7WeiJIUIeKjRc1UUozpIBPaEAo4yq4hjCthbqW8zRTjaJLLmRC+PqX/k7JXdPeL3uVu/uR0HEeWrJENUiAuOSAn5JxckBLh5I48kCfybN1bj9aL9TpqzVjjmVXyA9bbJ4Ixl+c=</latexit>

�C± = T (✓,�)



Three ambiguities to define J
<latexit sha1_base64="ESEIp8vUAsHnqk+sQMTH1aQu9k0=">AAAB7XicdVBNS8NAEJ3Ur1q/qh69LBbBU0iitvZW9OKxgm2FNpTNdtOu3WzC7kYoof/BiwdFvPp/vPlv3KYVVPTBwOO9GWbmBQlnSjvOh1VYWl5ZXSuulzY2t7Z3yrt7bRWnktAWiXksbwOsKGeCtjTTnN4mkuIo4LQTjC9nfueeSsVicaMnCfUjPBQsZARrI7V7mCcj3C9XHLte95xqDeXEOzuZE8dzkWs7OSqwQLNffu8NYpJGVGjCsVJd10m0n2GpGeF0WuqliiaYjPGQdg0VOKLKz/Jrp+jIKAMUxtKU0ChXv09kOFJqEgWmM8J6pH57M/Evr5vq8NzPmEhSTQWZLwpTjnSMZq+jAZOUaD4xBBPJzK2IjLDERJuASiaEr0/R/6Tt2W7V9q5PK42LRRxFOIBDOAYXatCAK2hCCwjcwQM8wbMVW4/Wi/U6by1Yi5l9+AHr7RMK6o91</latexit>↵3.   -ambiguity

(i) Vanishing for Minkowski 
(ii) Standard J of Kerr 
(iii) Locally constructed from tensors 
(iv) Obey the BMS algebra 
(v) Satisfy the BMS flux-balance laws

For all <latexit sha1_base64="ESEIp8vUAsHnqk+sQMTH1aQu9k0=">AAAB7XicdVBNS8NAEJ3Ur1q/qh69LBbBU0iitvZW9OKxgm2FNpTNdtOu3WzC7kYoof/BiwdFvPp/vPlv3KYVVPTBwOO9GWbmBQlnSjvOh1VYWl5ZXSuulzY2t7Z3yrt7bRWnktAWiXksbwOsKGeCtjTTnN4mkuIo4LQTjC9nfueeSsVicaMnCfUjPBQsZARrI7V7mCcj3C9XHLte95xqDeXEOzuZE8dzkWs7OSqwQLNffu8NYpJGVGjCsVJd10m0n2GpGeF0WuqliiaYjPGQdg0VOKLKz/Jrp+jIKAMUxtKU0ChXv09kOFJqEgWmM8J6pH57M/Evr5vq8NzPmEhSTQWZLwpTjnSMZq+jAZOUaD4xBBPJzK2IjLDERJuASiaEr0/R/6Tt2W7V9q5PK42LRRxFOIBDOAYXatCAK2hCCwjcwQM8wbMVW4/Wi/U6by1Yi5l9+AHr7RMK6o91</latexit>↵



↵ = 1

<latexit sha1_base64="I0F4kB5gi/zX7/BtCLSrRk6KXjs=">AAAB73icdVBNS8NAEN34WetX1aOXxSJ4Com2mB6EohePFewHtKFMtpt26WYTdzdCCf0TXjwo4tW/481/46atoKIPBh7vzTAzL0g4U9pxPqyl5ZXVtfXCRnFza3tnt7S331JxKgltkpjHshOAopwJ2tRMc9pJJIUo4LQdjK9yv31PpWKxuNWThPoRDAULGQFtpE4PeDKCC7dfKjt2zXNq1QrOieueeXiuOB52bWeGMlqg0S+99wYxSSMqNOGgVNd1Eu1nIDUjnE6LvVTRBMgYhrRrqICIKj+b3TvFx0YZ4DCWpoTGM/X7RAaRUpMoMJ0R6JH67eXiX1431aHnZ0wkqaaCzBeFKcc6xvnzeMAkJZpPDAEimbkVkxFIINpEVDQhfH2K/yetU9ut2NWbSrl+uYijgA7RETpBLjpHdXSNGqiJCOLoAT2hZ+vOerRerNd565K1mDlAP2C9fQITP5AF</latexit>

[Komar][Iyer,Wald,1992] 
[Wald,Zoupas,1999]

Three ambiguities to define J
<latexit sha1_base64="ESEIp8vUAsHnqk+sQMTH1aQu9k0=">AAAB7XicdVBNS8NAEJ3Ur1q/qh69LBbBU0iitvZW9OKxgm2FNpTNdtOu3WzC7kYoof/BiwdFvPp/vPlv3KYVVPTBwOO9GWbmBQlnSjvOh1VYWl5ZXSuulzY2t7Z3yrt7bRWnktAWiXksbwOsKGeCtjTTnN4mkuIo4LQTjC9nfueeSsVicaMnCfUjPBQsZARrI7V7mCcj3C9XHLte95xqDeXEOzuZE8dzkWs7OSqwQLNffu8NYpJGVGjCsVJd10m0n2GpGeF0WuqliiaYjPGQdg0VOKLKz/Jrp+jIKAMUxtKU0ChXv09kOFJqEgWmM8J6pH57M/Evr5vq8NzPmEhSTQWZLwpTjnSMZq+jAZOUaD4xBBPJzK2IjLDERJuASiaEr0/R/6Tt2W7V9q5PK42LRRxFOIBDOAYXatCAK2hCCwjcwQM8wbMVW4/Wi/U6by1Yi5l9+AHr7RMK6o91</latexit>↵3.   -ambiguity

Definitions used in the literature:
<latexit sha1_base64="OQZKemXtI2tNgnIxsAagVUk/xGY="></latexit>

Ji =
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<latexit sha1_base64="RHYQZXTphp7y6+4v/hh4JNyc+lU="></latexit>

J̇i =
1

16⇡G

I

S
d2⌦(L⇠iDc �DcL⇠i)ldq
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<latexit sha1_base64="KNlMn2oKG2hlULBjDr7gyh9Vbdg="></latexit>

J̇i =
c3

32⇡G

I

S
d2⌦✏ijk(x

iḟab@jfab � 2fiaḟja)

[Dray-Streubel,84] 
[Ashtekar, Streubel,81]

[Thorne, 
1980]

[Landau-Lifshitz]

(vi) No background structure required

(vii) Axisymmetry implies J=0



Three ambiguities to define J
<latexit sha1_base64="ESEIp8vUAsHnqk+sQMTH1aQu9k0=">AAAB7XicdVBNS8NAEJ3Ur1q/qh69LBbBU0iitvZW9OKxgm2FNpTNdtOu3WzC7kYoof/BiwdFvPp/vPlv3KYVVPTBwOO9GWbmBQlnSjvOh1VYWl5ZXSuulzY2t7Z3yrt7bRWnktAWiXksbwOsKGeCtjTTnN4mkuIo4LQTjC9nfueeSsVicaMnCfUjPBQsZARrI7V7mCcj3C9XHLte95xqDeXEOzuZE8dzkWs7OSqwQLNffu8NYpJGVGjCsVJd10m0n2GpGeF0WuqliiaYjPGQdg0VOKLKz/Jrp+jIKAMUxtKU0ChXv09kOFJqEgWmM8J6pH57M/Evr5vq8NzPmEhSTQWZLwpTjnSMZq+jAZOUaD4xBBPJzK2IjLDERJuASiaEr0/R/6Tt2W7V9q5PK42LRRxFOIBDOAYXatCAK2hCCwjcwQM8wbMVW4/Wi/U6by1Yi5l9+AHr7RMK6o91</latexit>↵3.   -ambiguity

[Pasterski, Strominger, Zhiboedov, 2015]
[G.C., Fiorucci, Ruzziconi, 2020] 

[Strominger, Zhiboedov, 2014]

Definitions used in the literature:

The change of definition leads to a numerically 0.01%-0.1% effect for binary 
coalescences [Elhashash, Nichols, 2021]  

↵ = 0

<latexit sha1_base64="5+ZxiI8POnHZVvbBjVTW5CX+FIU=">AAAB73icdVBNS8NAEN34WetX1aOXxSJ4Com2mB6EohePFewHtKFMtpt26WYTdzdCCf0TXjwo4tW/481/46atoKIPBh7vzTAzL0g4U9pxPqyl5ZXVtfXCRnFza3tnt7S331JxKgltkpjHshOAopwJ2tRMc9pJJIUo4LQdjK9yv31PpWKxuNWThPoRDAULGQFtpE4PeDKCC6dfKjt2zXNq1QrOieueeXiuOB52bWeGMlqg0S+99wYxSSMqNOGgVNd1Eu1nIDUjnE6LvVTRBMgYhrRrqICIKj+b3TvFx0YZ4DCWpoTGM/X7RAaRUpMoMJ0R6JH67eXiX1431aHnZ0wkqaaCzBeFKcc6xvnzeMAkJZpPDAEimbkVkxFIINpEVDQhfH2K/yetU9ut2NWbSrl+uYijgA7RETpBLjpHdXSNGqiJCOLoAT2hZ+vOerRerNd565K1mDlAP2C9fQIRu5AE</latexit>

(vi) Background structure required (radial foliation)
(vii) Generalized BMS group represented  

 (including super-Lorentz)
<latexit sha1_base64="aiUVUvJ+vXPoY1JSvHkXv43NDiU="></latexit>

{FT1 , FT2} = 0, {FR1 , FT2} = FR1(T2), {FR1 , FR2} = F[R1,R2]<latexit sha1_base64="9cnEhYuW1Eaxk+lne4P3mAEal7k="></latexit>
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<latexit sha1_base64="aiUVUvJ+vXPoY1JSvHkXv43NDiU="></latexit>

{FT1 , FT2} = 0, {FR1 , FT2} = FR1(T2), {FR1 , FR2} = F[R1,R2]

<latexit sha1_base64="aiUVUvJ+vXPoY1JSvHkXv43NDiU="></latexit>

{FT1 , FT2} = 0, {FR1 , FT2} = FR1(T2), {FR1 , FR2} = F[R1,R2]



3. Extension of the 
BMS group to (A)dS



Question

[Barnich-Troessaert, ’11][Campiglia-Laddha, ’15]



Universal BMS structure (keeping all dynamics)

“Boundary gauge fixing”: Fixing a foliation and a measure

ds2 = sign(⇤)du2 + qABdx
AdxB

p
q

codimension 1 codimension 2Boundary structure:



A dictionary exists between distinct bulk gauges

Fefferman-Graham StarobinskyBondi

g(0)ab , T
ab g(0)ab , T

abCAB ,M,NA,

DAB , EAB , . . .



Definitions
Starobinsky/ 

Fefferman-Graham  
(SFG) gauge

Bondi gauge

g⇢a = 0,

g⇢⇢ = � 3

⇤

1

⇢2

<latexit sha1_base64="/FJp0NepR5oPVLhCaZ8Uxln0WQ4="></latexit>

(u, r, xA)

<latexit sha1_base64="nhD59EixOzm12/ge1XLKB1Y8hGw=">AAAB8HicdVDLSgMxFM3UV62vqks3wSJUKMNMKX3sqm5cVrAPaceSSdM2NMkMSUYsQ7/CjQtF3Po57vwb02kFFT1w4XDOvdx7jx8yqrTjfFipldW19Y30ZmZre2d3L7t/0FJBJDFp4oAFsuMjRRgVpKmpZqQTSoK4z0jbn1zM/fYdkYoG4lpPQ+JxNBJ0SDHSRrrJRwVZuL89O+1nc45dq1YctwwTUnTchJRrFRe6tpMgB5Zo9LPvvUGAI06Exgwp1XWdUHsxkppiRmaZXqRIiPAEjUjXUIE4UV6cHDyDJ0YZwGEgTQkNE/X7RIy4UlPum06O9Fj99ubiX1430sOqF1MRRpoIvFg0jBjUAZx/DwdUEqzZ1BCEJTW3QjxGEmFtMsqYEL4+hf+TVtF2S3btqpSrny/jSIMjcAzywAUVUAeXoAGaAAMOHsATeLak9Wi9WK+L1pS1nDkEP2C9fQL5ko/p</latexit>

(⇢, xa)

<latexit sha1_base64="T+JU/9rN1i447ApCFvpYRJTitsM=">AAAB8XicdVDLSgMxFM3UV62vqks3wSJUkGGmlD52RTcuK9gHtmPJpJk2NJMMSUYsQ//CjQtF3Po37vwb02kFFT1w4XDOvdx7jx8xqrTjfFiZldW19Y3sZm5re2d3L79/0FYilpi0sGBCdn2kCKOctDTVjHQjSVDoM9LxJxdzv3NHpKKCX+tpRLwQjTgNKEbaSDfFvhyLs/tbdDrIFxy7Xqs6bgWmpOS4KanUqy50bSdFASzRHOTf+0OB45BwjRlSquc6kfYSJDXFjMxy/ViRCOEJGpGeoRyFRHlJevEMnhhlCAMhTXENU/X7RIJCpaahbzpDpMfqtzcX//J6sQ5qXkJ5FGvC8WJREDOoBZy/D4dUEqzZ1BCEJTW3QjxGEmFtQsqZEL4+hf+Tdsl2y3b9qlxonC/jyIIjcAyKwAVV0ACXoAlaAAMOHsATeLaU9Wi9WK+L1oy1nDkEP2C9fQIw2JCl</latexit>

grr = 0, grA = 0

@r

✓
det(gAB)

r4

◆

<latexit sha1_base64="wmnHdza5r6Swl3o6M7Ch/+MzKsI="></latexit>

= 0

<latexit sha1_base64="stpoPy+q4yWqwE51HMfOLZkeTKQ=">AAAB6XicdVDLSsNAFL2pr1pfVZduBovgKiSl9LEQim5cVrEPaEOZTCft0MkkzEyEEvoHblwo4tY/cuffOE0rqOiBC4dz7uXee/yYM6Ud58PKra1vbG7ltws7u3v7B8XDo46KEklom0Q8kj0fK8qZoG3NNKe9WFIc+px2/enVwu/eU6lYJO70LKZeiMeCBYxgbaTbC2dYLDl2o15z3CrKSNlxM1Jt1Fzk2k6GEqzQGhbfB6OIJCEVmnCsVN91Yu2lWGpGOJ0XBomiMSZTPKZ9QwUOqfLS7NI5OjPKCAWRNCU0ytTvEykOlZqFvukMsZ6o395C/MvrJzqoeykTcaKpIMtFQcKRjtDibTRikhLNZ4ZgIpm5FZEJlphoE07BhPD1KfqfdMq2W7EbN5VS83IVRx5O4BTOwYUaNOEaWtAGAgE8wBM8W1Pr0XqxXpetOWs1cww/YL19AoxtjWk=</latexit>



The dictionary between Bondi and 
Starobinsky/Fefferman-Graham gauge 

has been worked out

One can solve the large radius 
expansion of Einstein’s equations in 
both gauges 

A diffeomorphism exists between the 
two gauges when        

The (2-covariant) map between the free 
fields in each gauge can be formulated

[Poole, Skenderis, Taylor, 2018] 
[G.C., Fiorucci, Ruzziconi, 2019] 

⇤ 6= 0

<latexit sha1_base64="CShxA5zlmnKIuG4lSoOJrApE8Hc=">AAAB9XicdVDLSsNAFJ34rPVVdelmsAiuQlKrbXZFNy5cVLAPaGKZTCbt0MkkzkyUEvofblwo4tZ/ceffOE0rqOiBgcM553LvHD9hVCrL+jAWFpeWV1YLa8X1jc2t7dLOblvGqcCkhWMWi66PJGGUk5aiipFuIgiKfEY6/uh86nfuiJA05tdqnBAvQgNOQ4qR0tKNe6mjAYIuJ7fQ6pfKlunUndPqMcxJveLMyIlTg7Zp5SiDOZr90rsbxDiNCFeYISl7tpUoL0NCUczIpOimkiQIj9CA9DTlKCLSy/KrJ/BQKwEMY6EfVzBXv09kKJJyHPk6GSE1lL+9qfiX10tVWPcyypNUEY5ni8KUQRXDaQUwoIJgxcaaICyovhXiIRIIK11UUZfw9VP4P2lXTLtqOlfVcuNsXkcB7IMDcARsUAMNcAGaoAUwEOABPIFn4954NF6M11l0wZjP7IEfMN4+AQj/kkI=</latexit>



Solution space (Al(A)dS4)
SFG gauge Bondi gauge

[FG theorem]

[Blanchet-Damour]



Holographic fields

T ab

3 boundary ODEs 
= 

3 flux-balance laws

SFG gauge Bondi gauge  
(2+1 boundary split)

g(0)ab dx
adxb

<latexit sha1_base64="Kog85Xm2KBYuz0/gG8QShi+lIPg=">AAAB/3icdVDLSsNAFJ3UV62vqODGzWAR6iYkpfSxK7pxWcE+oC8mk0k7dPJgZiKWmIW/4saFIm79DXf+jZO0gooeuJfDOfcyd44dMiqkaX5ouZXVtfWN/GZha3tnd0/fP+iIIOKYtHHAAt6zkSCM+qQtqWSkF3KCPJuRrj27SP3uDeGCBv61nIdk6KGJT12KkVTSWD+ajGNkJ6O4ZJ4l0LkdobTZY71oGo16zbSqMCNl08pItVGzoGWYGYpgidZYfx84AY484kvMkBB9ywzlMEZcUsxIUhhEgoQIz9CE9BX1kUfEMM7uT+CpUhzoBlyVL2Gmft+IkSfE3LPVpIfkVPz2UvEvrx9Jtz6MqR9Gkvh48ZAbMSgDmIYBHcoJlmyuCMKcqlshniKOsFSRFVQIXz+F/5NO2bAqRuOqUmyeL+PIg2NwAkrAAjXQBJegBdoAgzvwAJ7As3avPWov2utiNKctdw7BD2hvn22DlcQ=</latexit>

=

<latexit sha1_base64="7SNqRXuYDdOTefD3Tn1Tt7tSjtw=">AAAB6HicdVDLSsNAFJ3UV62vqks3g0VwFZIifSyEohuXLdgHtKFMpjft2MkkzEyEEvoFblwo4tZPcuffOE0rqOiBC4dz7uXee/yYM6Ud58PKra1vbG7ltws7u3v7B8XDo46KEkmhTSMeyZ5PFHAmoK2Z5tCLJZDQ59D1p9cLv3sPUrFI3OpZDF5IxoIFjBJtpNblsFhy7Hqt6rgVnJGy42akUq+62LWdDCW0QnNYfB+MIpqEIDTlRKm+68TaS4nUjHKYFwaJgpjQKRlD31BBQlBemh06x2dGGeEgkqaExpn6fSIloVKz0DedIdET9dtbiH95/UQHNS9lIk40CLpcFCQc6wgvvsYjJoFqPjOEUMnMrZhOiCRUm2wKJoSvT/H/pFO23Qu73rooNa5WceTRCTpF58hFVdRAN6iJ2ogiQA/oCT1bd9aj9WK9Lltz1mrmGP2A9fYJHoyNLw==</latexit>

⇤ 6= 0

<latexit sha1_base64="kSNNaNUJQV2fLYHc72bPmSkw4ek=">AAAB9XicdVDLSsNAFJ3UV62vqks3g0VwFRJbq9kV3bhwUcE+oIllMpm0QyeTODNRSuh/uHGhiFv/xZ1/46StoKIHBg7nnMu9c/yEUaks68MoLCwuLa8UV0tr6xubW+XtnbaMU4FJC8csFl0fScIoJy1FFSPdRBAU+Yx0/NF57nfuiJA05tdqnBAvQgNOQ4qR0tKNe6mjAYIuJ7fQ6pcrluk4x07NgTmp29U6nClWFdqmNUUFzNHsl9/dIMZpRLjCDEnZs61EeRkSimJGJiU3lSRBeIQGpKcpRxGRXja9egIPtBLAMBb6cQWn6veJDEVSjiNfJyOkhvK3l4t/eb1UhadeRnmSKsLxbFGYMqhimFcAAyoIVmysCcKC6lshHiKBsNJFlXQJXz+F/5P2kWnXTOeqVmmczesogj2wDw6BDU5AA1yAJmgBDAR4AE/g2bg3Ho0X43UWLRjzmV3wA8bbJ/EFkjE=</latexit>

⇤

3
e4�0du2 + qAB(dx

A � UA
0 du)(dxB � UB

0 du)

<latexit sha1_base64="hqc+HjGTuMWhcOPNsEgAcJfW4Zk="></latexit>

=

<latexit sha1_base64="7SNqRXuYDdOTefD3Tn1Tt7tSjtw=">AAAB6HicdVDLSsNAFJ3UV62vqks3g0VwFZIifSyEohuXLdgHtKFMpjft2MkkzEyEEvoFblwo4tZPcuffOE0rqOiBC4dz7uXee/yYM6Ud58PKra1vbG7ltws7u3v7B8XDo46KEkmhTSMeyZ5PFHAmoK2Z5tCLJZDQ59D1p9cLv3sPUrFI3OpZDF5IxoIFjBJtpNblsFhy7Hqt6rgVnJGy42akUq+62LWdDCW0QnNYfB+MIpqEIDTlRKm+68TaS4nUjHKYFwaJgpjQKRlD31BBQlBemh06x2dGGeEgkqaExpn6fSIloVKz0DedIdET9dtbiH95/UQHNS9lIk40CLpcFCQc6wgvvsYjJoFqPjOEUMnMrZhOiCRUm2wKJoSvT/H/pFO23Qu73rooNa5WceTRCTpF58hFVdRAN6iJ2ogiQA/oCT1bd9aj9WK9Lltz1mrmGP2A9fYJHoyNLw==</latexit>



More holographic fields for

Constraints

SFG gauge Bondi gauge

⇤ = 0

<latexit sha1_base64="CMRXZMMQkUlxrPmGrZE5Se0Jyb8=">AAAB8nicdVDLSgMxFM3UV62vqks3wSK4GmZsrc5CKLpx4aKCfcB0KJlM2oZmkiHJCGXoZ7hxoYhbv8adf2OmraCiBwKHc84l954wYVRpx/mwCkvLK6trxfXSxubW9k55d6+tRCoxaWHBhOyGSBFGOWlpqhnpJpKgOGSkE46vcr9zT6Sigt/pSUKCGA05HVCMtJH83o2JRgheQKdfrji25516NQ/mpO5W63CuOFXo2s4MFbBAs19+70UCpzHhGjOklO86iQ4yJDXFjExLvVSRBOExGhLfUI5iooJstvIUHhklggMhzeMaztTvExmKlZrEoUnGSI/Uby8X//L8VA/Og4zyJNWE4/lHg5RBLWB+P4yoJFiziSEIS2p2hXiEJMLatFQyJXxdCv8n7RPbrdneba3SuFzUUQQH4BAcAxecgQa4Bk3QAhgI8ACewLOlrUfrxXqdRwvWYmYf/ID19glam5Cw</latexit>

M,NA, CAB , DAB , EAB , FAB , · · ·

<latexit sha1_base64="R9MmRR4LnS3nREzew9S/v2ldjmM="></latexit>

@uDAB = 0,

@uEAB = · · ·
@uFAB = · · ·

<latexit sha1_base64="QdHwXCqPdM3gARTMC4iGHaLI7dM="></latexit>

see [Barnich,Troessart, 2012]

@uqAB = lqAB + 2D(AU
0
B) �DCU0

CqAB

<latexit sha1_base64="u5u9Ls9MEi8CaJyAntwsyRiQDXg="></latexit>

⇤

3
e4�0du2 + qAB(dx

A � UA
0 du)(dxB � UB

0 du)

<latexit sha1_base64="hqc+HjGTuMWhcOPNsEgAcJfW4Zk="></latexit>

infinite number of  
boundary ODEs /  
 flux-balance laws



Boundary gauge condition: 
Definition of   -BMS⇤

<latexit sha1_base64="C2zR7581HEcgIdjO7MaX7U/ci74=">AAAB7nicdVDLSsNAFL2pr1pfVZduBovgKiRaq9kV3bhwUcE+oA1lMpm0QyeTMDMRSulHuHGhiFu/x51/46StoKIHBg7nnMvce4KUM6Ud58MqLC2vrK4V10sbm1vbO+XdvZZKMklokyQ8kZ0AK8qZoE3NNKedVFIcB5y2g9FV7rfvqVQsEXd6nFI/xgPBIkawNlK7d2OiIe6XK47teWde1UM5qbmnNTRXnFPk2s4MFVig0S+/98KEZDEVmnCsVNd1Uu1PsNSMcDot9TJFU0xGeEC7hgocU+VPZutO0ZFRQhQl0jyh0Uz9PjHBsVLjODDJGOuh+u3l4l9eN9PRhT9hIs00FWT+UZRxpBOU345CJinRfGwIJpKZXREZYomJNg2VTAlfl6L/SevEdqu2d1ut1C8XdRThAA7hGFw4hzpcQwOaQGAED/AEz1ZqPVov1us8WrAWM/vwA9bbJ7UPj9s=</latexit>

ds2(0) =
⇤

3
dt2 + qABdx

AdxB

<latexit sha1_base64="n3dxCQBA7kghkpRCO1N55ZYINkM="></latexit>

Can always be reached 

Does not constraint the Cauchy problem

The residual diffeomorphisms in a 
given bulk gauge and in this boundary 

gauge form the   -BMS group.⇤

<latexit sha1_base64="C2zR7581HEcgIdjO7MaX7U/ci74=">AAAB7nicdVDLSsNAFL2pr1pfVZduBovgKiRaq9kV3bhwUcE+oA1lMpm0QyeTMDMRSulHuHGhiFu/x51/46StoKIHBg7nnMvce4KUM6Ud58MqLC2vrK4V10sbm1vbO+XdvZZKMklokyQ8kZ0AK8qZoE3NNKedVFIcB5y2g9FV7rfvqVQsEXd6nFI/xgPBIkawNlK7d2OiIe6XK47teWde1UM5qbmnNTRXnFPk2s4MFVig0S+/98KEZDEVmnCsVNd1Uu1PsNSMcDot9TJFU0xGeEC7hgocU+VPZutO0ZFRQhQl0jyh0Uz9PjHBsVLjODDJGOuh+u3l4l9eN9PRhT9hIs00FWT+UZRxpBOU345CJinRfGwIJpKZXREZYomJNg2VTAlfl6L/SevEdqu2d1ut1C8XdRThAA7hGFw4hzpcQwOaQGAED/AEz1ZqPVov1us8WrAWM/vwA9bbJ7UPj9s=</latexit>



Symmetry generators
Preserving SFG gauge: Diff(S3)xWeyl 

Preserving further boundary gauge: 

Flat spacetime limit:



(Soft) Algebra / Algebroid

The structure constants of the   -BMS 
algebra are field-dependent.

⇤

<latexit sha1_base64="C2zR7581HEcgIdjO7MaX7U/ci74=">AAAB7nicdVDLSsNAFL2pr1pfVZduBovgKiRaq9kV3bhwUcE+oA1lMpm0QyeTMDMRSulHuHGhiFu/x51/46StoKIHBg7nnMvce4KUM6Ud58MqLC2vrK4V10sbm1vbO+XdvZZKMklokyQ8kZ0AK8qZoE3NNKedVFIcB5y2g9FV7rfvqVQsEXd6nFI/xgPBIkawNlK7d2OiIe6XK47teWde1UM5qbmnNTRXnFPk2s4MFVig0S+/98KEZDEVmnCsVNd1Uu1PsNSMcDot9TJFU0xGeEC7hgocU+VPZutO0ZFRQhQl0jyh0Uz9PjHBsVLjODDJGOuh+u3l4l9eN9PRhT9hIs00FWT+UZRxpBOU345CJinRfGwIJpKZXREZYomJNg2VTAlfl6L/SevEdqu2d1ut1C8XdRThAA7hGFw4hzpcQwOaQGAED/AEz1ZqPVov1us8WrAWM/vwA9bbJ7UPj9s=</latexit>

In the flat limit, the structure constants 
are field-independent and reproduce the 

generalized BMS algebra.



 -BMS: Surface charges

Charges are finite thanks to renormalization 

Charges are neither conserved or integrable 

Charges associated with Weyl are zero 

They obey the surface charge algebra

where the Barnich-Troessaert brackets are

⇤

<latexit sha1_base64="C2zR7581HEcgIdjO7MaX7U/ci74=">AAAB7nicdVDLSsNAFL2pr1pfVZduBovgKiRaq9kV3bhwUcE+oA1lMpm0QyeTMDMRSulHuHGhiFu/x51/46StoKIHBg7nnMvce4KUM6Ud58MqLC2vrK4V10sbm1vbO+XdvZZKMklokyQ8kZ0AK8qZoE3NNKedVFIcB5y2g9FV7rfvqVQsEXd6nFI/xgPBIkawNlK7d2OiIe6XK47teWde1UM5qbmnNTRXnFPk2s4MFVig0S+/98KEZDEVmnCsVNd1Uu1PsNSMcDot9TJFU0xGeEC7hgocU+VPZutO0ZFRQhQl0jyh0Uz9PjHBsVLjODDJGOuh+u3l4l9eN9PRhT9hIs00FWT+UZRxpBOU345CJinRfGwIJpKZXREZYomJNg2VTAlfl6L/SevEdqu2d1ut1C8XdRThAA7hGFw4hzpcQwOaQGAED/AEz1ZqPVov1us8WrAWM/vwA9bbJ7UPj9s=</latexit>



Completeness of -BMS  Λ
Number of flux-balance laws: d-1

Number of charges: d-1 :

Number of generators: d-1 : f , YA

In comparison with Diff(S3) studied in [Anninos,Ng,Strominger,2011] the -BMS groupoid is  
the subset of Diff(S3) associated with non-trivial flux-balance laws / Ward identities

Λ

<latexit sha1_base64="+G2+mGiIs7oDblQII5Y+fKcfqmk=">AAACDHicdVDLSgMxFM3UV62vqks3wSJUkGGmaGvppurGhUoF+4DOWDJppg3NPEgyQhn6AW78FTcuFHHrB7jzb8y0FarogcDhnHO5uccJGRXSMD611Nz8wuJSejmzsrq2vpHd3GqIIOKY1HHAAt5ykCCM+qQuqWSkFXKCPIeRpjM4S/zmHeGCBv6NHIbE9lDPpy7FSCqpk83By9s4b12oiS7aHx1YFasCrzons6JKGXq5WDbKBZgQw5yQ0lGpWICmboyRA1PUOtkPqxvgyCO+xAwJ0TaNUNox4pJiRkYZKxIkRHiAeqStqI88Iux4fMwI7imlC92Aq+dLOFZnJ2LkCTH0HJX0kOyL314i/uW1I+ke2zH1w0gSH08WuRGDMoBJM7BLOcGSDRVBmFP1V4j7iCMsVX8ZVcL3pfB/0ijoZlE3rg9z1dNpHWmwA3ZBHpigBKrgHNRAHWBwDx7BM3jRHrQn7VV7m0RT2nRmG/yA9v4FG5CZzQ==</latexit>

M (⇤), N (⇤)
A



Symplectic structure and  
(A)dS equivalent of Bondi shear/news

Action with holographic counterterms

Symplectic structure gets a contribution from the counterterm

At the boundary, the orthogonal component of the symplectic 
structure is

Therefore, energy is transferred due to changes of both JAB and 
qAB. They are the analogue in dS/AdS of the Bondi shear/news.

[G.C.,Marolf,2008]

[Balasubramanian,  
Kraus]

�L =
�L

�gµ⌫
�gµ⌫ + d⇥, ! = �⇥

<latexit sha1_base64="X3BgwzT1kIx2qXCT7lES2+jKE/w="></latexit>

[G.C., Fiorucci, Ruzziconi, 2019] 

[Skenderis,Papadimitriou,2005]



Symplectic flux and the Cauchy problem

In AdS, the Cauchy problem requires an 
additional boundary condition 

(standard or “leaky”)



Example of “leaky” boundary condition

Glued 
at the  

boundary

Fix the initial data of both AdS’s.  
Then the Cauchy problem of the first AdS is well-defined.

Related example: [Almheiri, Hartman, Maldacena, Shaghoulian, Tajdini, 2019]

(identification of  
codimension 2  

boundary metrics)
<latexit sha1_base64="5koLFv4KX69lcKJgsfIEAKac1MY=">AAAB9XicdVDLTgIxFO3gC/GFunTTSIyuJh2iIAsTxI1LTARMYCSdUqCh0xnajoZM+A83LjTGrf/izr+xM2CiRk9yc0/OuTe9PV7ImdIIfViZhcWl5ZXsam5tfWNzK7+901RBJAltkIAH8sbDinImaEMzzelNKCn2PU5b3ugi8Vt3VCoWiGs9Canr44FgfUawNtLtuBuf16Zn48O0d/MFZFdKFVQpwoQgZ0bKJ+VSETo2SlEAc9S7+fdOLyCRT4UmHCvVdlCo3RhLzQin01wnUjTEZIQHtG2owD5VbpxePYUHRunBfiBNCQ1T9ftGjH2lJr5nJn2sh+q3l4h/ee1I90/dmIkw0lSQ2UP9iEMdwCQC2GOSEs0nhmAimbkVkiGWmGgTVM6E8PVT+D9pFm2nZKOr40K1No8jC/bAPjgCDiiDKrgEddAABEjwAJ7As3VvPVov1utsNGPNd3bBD1hvn0yskmc=</latexit>

qAB = q0AB



Conclusion
The extended BMS charge algebra (supertranslations and 
Diff(S2) super-Lorentz transformations) is realized without 
center at the past and future of null infinity (at spatial and 
timelike infinity). The asymptotic symmetry group at spatial 
infinity therefore includes the extended BMS group.  

The extended BMS asymptotic symmetry algebra leads to a 
preferred definition of the quantized angular momentum, 
which differs from many existing classical prescriptions.  

The extended BMS charge algebra admits a natural extension 
to (A)dS:  the -BMS algebroid. It is the asymptotic symmetry 
group of Al(A)dS spacetimes with “leaky boundary conditions”: 
without intrinsic boundary conditions (except a boundary 
gauge fixing condition that does not constraint the Cauchy 
problem) but with external boundary conditions. 

Λ


